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Proof of Theorem 2.2 in [2] can be easily modified to improve [2, (2.6)] to

∥ sinΘ(Uk, Ũk)∥F ≤ ϵ√
λk − λk+1

(2.6’)

which is [1, Theorem 4] and can also be derived from some of the estimates in [3, Chapter 5].
The modification goes simply by improving [2, (2.8)] and [2, (2.9)] to, respectively,

trace((Ik − Y Y ∗)Λk) ≥ λk trace(Ik − Y Y ∗), (2.8’)

trace(Q∗ZZ∗QΩ) ≤ µ1 trace(Q
∗ZZ∗Q). (2.9’)

They are true because Ik − Y Y ∗ ≽ 0, Λk ≽ λkIk, Q
∗ZZ∗Q ≽ 0, and Ω ≼ µ1Iℓ, and thus

(Ik − Y Y ∗)1/2Λk(Ik − Y Y ∗)1/2 ≽ λk (Ik − Y Y ∗),

(Q∗ZZ∗Q)1/2Ω(Q∗ZZ∗Q)1/2 ≼ µ1 (Q
∗ZZ∗Q).

They imply (2.8’) and (2.9’).
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